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Abstract. A number of advances in software security over the past
decade have foundations in the behavior matching problem: given a spec-
ification of software behavior and a concrete execution trace, determine
whether the behavior is exhibited by the execution trace. Despite the
importance of this problem, precise descriptions of algorithms for its
solution, and rigorous analyses of their complexity, are missing in the
literature. In this paper, we formalize the notion of behavior matching
used by the software security community, study the complexity of the
problem, and give several algorithms for its solution, both exact and ap-
proximate. We find that the problem is in general not efficiently solvable,
i.e. behavior matching is NP-Complete. We demonstrate empirically that
our approximation algorithms can be used to efficiently find accurate so-
lutions to real instances.

1 Introduction

The prevalence of malicious software, and the inability of traditional protec-
tion mechanisms to stop it, has led security researchers and practitioners to
develop behavior-based techniques [2, 3, 6, 11, 12, 13, 15, 16, 17, 18, 19]. Un-
like the syntax-based techniques used for years to detect the presence of known
malicious code, behavior-based techniques observe the actions of potentially-
malicious code, and attempt to match then against pre-defined specifications
of malicious behavior. Conventional thinking suggests that this is a better way
to detect threats, as it is much more difficult for malicious code developers to
obfuscate the behavior of their software than it is to obfuscate its syntax in
memory. Experimental results and practical experience have supported these
claims [2, 12, 13].

This has made the technical problem of matching behavior specifications to
run-time program behavior important. However, when one surveys the literature
in this area [2, 6, 12, 16, 17, 18], one finds that formal descriptions of algorithms
for this operation are largely missing. Furthermore, given the reported perfor-
mance characteristics of existing matching techniques [2, 12, 16, 18], it seems to
be widely assumed that behavior matching can be done efficiently, e.g. accounts
of 3%-5% overhead on baseline program runtime are common. So, when we im-
plemented a behavior matching algorithm for a project last winter [9], we did
not expect to encounter any performance problems. To our surprise, we found
that matching simple behavior graphs against pre-recorded traces of short (120



second) executions either exhausted available memory resources, or took several
days to complete.

This led us to examine our algorithm in an effort to determine the cause of
its apparent high complexity. We determined that in order to correctly match
our behavioral specifications to realistic traces, backtracking on the potential
mappings between specification components and trace entries was needed. Fur-
thermore, we could not envision a scenario in which the algorithms discussed in
the literature would not need to perform a similar kind of backtracking. This
prompted us to perform the study reported in this paper: a detailed formal ex-
amination of the inherent complexity of the problem posed by matching behavior
specifications to concrete execution traces, and a study of potential algorithms,
exact and approximate, for doing so. This paper makes the following contribu-
tions:

– We present a general formulation of behavior matching that encompasses
the most prevalent accounts in the literature (Section 2), and use it to show
that behavior matching is an NP-Complete problem under the conservative
assumption that one allows equality dependencies between events in the be-
havior specification (Section 2). Furthermore, our formulation is sufficiently
generic to apply to arbitrary software behaviors, and thus relevant to speci-
fication needs in problems outside of security, such as runtime verification.

– We give two exact algorithms for performing behavior matching: one in di-
rect terms of our formalism, and one from a reduction to SAT that allows
practitioners to benefit from recent advances in SAT-solving technology (Sec-
tion 3).

– We also present two approximation algorithms for behavior matching. One
algorithm allows the user to bound the probability of false positives for a
small trade-off in runtime complexity, and the other runs in time linear in
the size of the trace.

The rest of this paper is organized as follows. Section 2 formulates the problem
of behavior matching, and gives our main complexity result. Section 3 presents
several algorithms for solving behavior matching instances. Section 5 discusses
related work, and Section 6 provides concluding remarks.

2 Definitions and Problem Statement

First, we discuss the notion of software behavior that defines the basis of the
matching problem. Any propositions we state have corresponding proofs in the
technical report [8]. All of our formalisms make use of terms [1] T (Σ,V ), which
denotes the set of all terms over the signature Σ of function symbols and V of
variables. We also make use of the projection function πi(·), which takes a tuple
and returns its ith component.

Intuitively, dynamic behavior matching seeks to determine whether an ob-
served execution trace, or sequence of observable facts emitted by a program,
“fits” a pre-defined behavior specification, which can be thought of as a set of



observable facts together with dependencies that describe necessary relations
between the facts. In previous work, the dependencies generally encode either
equality [11, 17], or some predicate over the data in the facts (e.g. SubStr [9] or
taint [13]). In our work, the “fits” relation is made precise as a mapping between
the facts in the specification and the facts in the trace, that properly accounts
for the dependencies in the specification. This characterization naturally gives
rise to a graphical structure, which is the basis for our notion of specification,
called the behavior graph (Definition 1). This definition is meant to encompass
as many of the relevant notions of behavior from the related work as possible,
without introducing features that would make the matching problem more com-
plex. In other words, it should be possible to translate our specifications into
other formalisms found in the literature.

Definition 1 Behavior Graph. A behavior graph G is a 5-tuple (A,E, a0, α, β),
where

– A is a set of states, and a0 ∈ A is an initial state.
– E ⊆ A × A is a set of directed edges between states such that (A,E) is a

DAG.
– α : A → T (Σ,V ) is a total mapping from each state to a Σ-terms over V .
– β : E → (V → T (Σ,V )) is a total mapping from each edge to T (Σ,V )-

substitutions.

The signature Σ used in α and β corresponds to a set of observable events
in the system. α maps states in G to observable events, with variables from
V (V ∩ Σ = ∅) allowing variation in the substructure of events. β serves to
constrain the dependencies between the states connected by e ∈ E. For example,
if β((a, b)) = [v1 = v2 + 1], then the behavior graph has the equality constraint
v1 = v2 + 1 on the edge (a, b).

As an example, much of the existing literature is concerned with system calls
and taint tracking. This work can be represented in our framework by treating
each system call as a function symbol in Σ, and introducing a symbol taint(2)

such that taint(x, y) denotes that fact that x matches the taint label of y. Labels
are constant symbols, and represent data provenance, which can correspond to
a number of system entities such as network connections, memory regions, and
files. An example of this is given in Example 1.

Example 1. Download-then-Execute. The behavior graph given by:

– A = {s0, s1}, E = {(s0, s1)}, a0 = s0, β = {(s0, s1) 7→ [l2 7→ l1]}
– α = {s0 7→ download(taint(x, l1)), s1 7→ execute(taint(y, l2))}

corresponds to the download-then-execute behavior. It is depicted in the follow-
ing diagram:

s0 : download(taint(x, l1))
[l2 7→l1] // s1 : execute(taint(y, l2))

In this figure, the label on the edge corresponds to the β-constraint, and the
labels on states to the corresponding α-labels. Note the β-constraint [l2 7→ l1]



between the two states, which states that the taint label in the second state must
be equal to that in the first, effectively requiring that the data that is executed
have the same taint label as the data that was downloaded.

Now we define an execution trace, the other relevant data in the behavior match-
ing problem. An execution trace is a sequence of ground terms, as there are no
unknowns about events that have already occurred in the execution of a program.

Definition 2 Execution Trace. An execution trace T ∈ T (Σ, ∅)∗ is a finite-
length sequence of ground Σ-terms that may contain repetitions , where we use
Range(T) to denote the set of terms in the sequence and T(i) to the ith element.
Each term in T corresponds to a concrete observation about the execution of
some program, with the interpretation that for i < j, T(i) occurs before T(j) in
the program execution.

The most common type of trace for behavior matching in the security literature
is that obtained by letting Σ denote system calls and their arguments, often
with meta-symbols for additional functionalities such as provenance and taint
tracking, timing information, etc.

We now come to the primary definition of this section – behavior matching.
Behavior matching is a problem defined in terms of a behavior graph and an
execution trace; the goal is to determine whether the execution trace exhibits the
behavior specified in the behavior graph. To simplify notation, in what follows
we write βx,y to denote β(x, y) and ρx

y for πx(ρ(y)).

Definition 3 Behavior Matching. Given a behavior graph G = (A,E, a0, α, β)
and execution trace T, we say that G matches T, written G |= T, iff there exists
a total function ρ : A → Z+ × (V → T (Σ,V )) such that:

1. ρa0 = (i, σ), where σ(α(a0)) = T(i).
2. For each (a, a′) ∈ E:

ρ2
a′(ρ2

a(βa,a′(α(a′)))) = T(ρ1
a′)

Intuitively,
– βa,a′(α(a′)) is the term associated with the latter state a′, with depen-

dencies instantiated according to βa,a′ .
– Each application of ρ2

a and ρ2
a′ specializes the dependencies according to

the trace terms to which ρ associates a and a′, respectively.
3. If i < j and ρa = (i, σ), ρa′ = (j, σ′), then a must be an ancestor of a′ in

(A,E). Intuitively ρ maps states in G to terms in T that obey the temporal
constraints introduced by the edges in G.

4. For any a, a′ ∈ A, ρ1
a 6= ρ1

a′ , i.e. ρ cannot map two states to the same trace
element.

We call ρ a witness of the matching between G and T. Intuitively, ρ maps a path
through G to a sequence of ground terms in T, while satisfying all temporal and
data dependencies stipulated by the edges in G.



Note that at times we abuse notation slightly by taking substitutions over
terms, even though they are technically defined over variables; this is taken to
mean the extension of the substitution over all free variables in the term. Also
notice that in Definition 3, ρ must be a total mapping over A: all states in G
must map to a term in T for the witness to be valid. Some researchers work
with behavior graphs that have so-called “or-edge sets”, which allow a matching
trace to cover a path over one edge in the set, instead of all of them. This
style of disjunctive behavior graph can be simulated with multiple graphs from
Definition 1, one behavior matching instance per graph.

Example 2. The sequence

download(taint(/tmp/data, l1)), open(taint(/tmp/data, l1)),
execute(taint(/tmp/data, l1))

matches the behavior graph from Example 1, with a witness that unifies the first
and third terms in the trace with the behavior graph:{

s0 7→ (1, [x 7→ /tmp/data, l1 7→ l1]), s1 7→ (3, [y 7→ /tmp/data, l2 7→ l1])
}

Example 3. The sequence

download(taint(/tmp/data, l1)), open(taint(/tmp/data, l1)),
execute(taint(/bin/bash, l2))

does not match the behavior graph from Example 1. Looking to Definition 3, we
see that the only way to unify α(s0) with a term in the trace is

σ = [x 7→ /tmp/data, l1 7→ l1]

So ρ(s0) = (1, [x 7→ /tmp/data, l1 7→ l1]). This gives us

ρ1
s0

(βs0,s1(α(s1))) = execute(taint(y, l1))

There is no substitution that can unify this term with execute(taint(/bin/bash,
l2)), because of the mismatched taint labels.

We now move on to define two notions of behavior matching that specify differ-
ent aspects of accuracy. Intuitively, soundness relates to false negatives, or the
ability of an algorithm to correctly identify a matching execution trace when it is
present, and completeness relates to false positives, or the ability of an algorithm
to correctly identify traces that do not match a given graph.

Definition 4 Sound and Complete Matching Algorithm. A matching algorithm
A is a decision procedure for Definition 3. An algorithm A is a sound matching
algorithm iff given a behavior graph G and trace T, G |= T ⇒ A(T,G) = True.
It is a complete matching algorithm iff A(G,T) = True ⇒ G |= T.

Next, we discuss one of the central results of this work, which is that the inher-
ent complexity of the behavior matching problem makes it intractable for most
settings. To our knowledge, this is the first result of its kind for the problem.



Proposition 1 Sound and complete behavior matching, with plain equality con-
straints between states, is NP-complete.

By plain equality constraints, we are referring to dependencies that map a
variable to another variable, without involving additional term structure. The
proof [8] shows that checking a witness against a trace is a polynomial opera-
tion, and reduces instances of sub-DAG isomorphism (previously shown to be
NP-Complete [20]) to behavior matching. The reduction treats nodes and edges
in each of the DAGs as though they are events in Σ. For the larger of the DAGs,
all of the structure is encoded in constant symbols, and the reduction views it as
an execution trace. The reduction encodes the structure of the smaller of the two
DAGs as dependence relations, and produces a corresponding behavior graph.
Notice that the reduction only uses simple equality dependencies in the behavior
graph; this implies that even the most simple dependencies arising in behavior
graphs can lead to intractable instances of the problem. An example reduction
on small graphs is given in Example 4.

Example 4. Consider the subgraph isomorphism problem given in Figure 1(a),
where we would like to determine whether the three-node graph is isomorphic to
a subgraph of the four-node graph. We reduce this to the instance of behavior
matching given in Figure 1(b). Beginning and ending sentinels, s and f respec-
tively, are added to the trace. In the reduction of the smaller graph to a behavior
graph, nodes are represented by states that have corresponding n(x) terms under
α, and edges to states with e(x1, x2) terms. Data dependencies are introduced
to reflect the fact that the arguments of the terms on edge states must match
the arguments of the corresponding node-state endpoints, as shown on the edges
of the behavior graph in Figure 1 (b). The matching problem has a witness:

ρ(s0) = (1, ∅), ρ(s6) = (10, ∅),
ρ(s1) = (2, [x1 7→ o1]), ρ(s4) = (5, [x6 7→ o2]),
ρ(s5) = (7, [x7 7→ o3]), ρ(s2) = (2, [x2 7→ o1, x3 7→ o2]),
ρ(s3) = (4, [x4 7→ o1, x5 7→ o3])


This mapping gives an isomorphism for the original subgraph isomorphism prob-
lem: the top three nodes in each graph map to each other.

3 Algorithms

In this section, we detail several solutions for solving instances of the behavior
matching problem. We begin with an exact algorithm, and conclude our discus-
sion with two sound approximation algorithms.

Preliminaries. All of our algorithms are built from a shared collection of
entities and primitives, which vary in detail among different algorithms:

– F , the frontier set, which represents the current state of the matching oper-
ation. Different algorithms will place different sorts of elements in F , but we
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(a) Sub-DAG isomorphism instance.
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s6 : f

1 : s

2 : n(o1)

3 : e(o1, o2)

4 : e(o1, o3)

5 : n(o2)

6 : e(o2, o4)

7 : n(o3)

8 : e(o3, o4)

9 : n(o4)

10 : f

(b) Corresponding reduction to behavior matching.

Fig. 1: Sub-DAG isomorphism to behavior matching reduction.

always use Γ to refer to the sort of elements in F . The frontier set is analo-
gous to a similar notion used in classic algorithms for matching NFAs [10],
which consists of the set of states that the matching as reached at a given
time.

– Test : A×Z+×Γ 7→ {True,False}, returns true if and only if the given frontier
element (3rd argument) can be extended by matching the given state (1st
argument) to the trace element at the given index (2nd argument).

– Update : P(Γ ) × A × Z+ × Γ 7→ P(Γ ), updates the given frontier set (1st
argument) to reflect an extension to the given frontier element (4th argu-
ment) by a mapping between the state/indexed trace term pair (2nd and
3rd arguments), returning a new frontier.

These primitives are used in Algorithm 1 (explained below), and are later mod-
ified to obtain approximation algorithms.

A Sound and Complete Algorithm. Algorithm 1 presents a sound and
complete behavior matching algorithm. This property is a result of the definitions



Algorithm 1 Exact behavior matching
1: Input: Behavior graph G = (A, E, a0, α, β), execution trace T
2: // Each element in the frontier maps states to trace terms and substitutions
3: Γ = A 7→ (Z+, V 7→ T (Σ, V ))
4: // Test(·, ·, ·) Applies the dependence requirement for each edge (s′, s) on s
5: Test(s, i, w) ≡ ∃σ.(∀(s′, s) ∈ E.σ(w2

s′)(βs′,s(α(s)))) = T(i))
6: // Update(·, ·, ·, ·) extends witness w with a mapping from s to T(i)
7: Update(F , s, i, w) = F ∪ {w1[s 7→ (i, σ)]} where σ matches α(s) to T(i)
8: F ← ∅
9: for 0 ≤ i ≤ |T| do

10: for w ∈ F do
11: for each next matchable state s on frontier element w do
12: // Test dependencies with predecessors in current derivation
13: if Test(s, i, w) = True then
14: // Extend frontier with matching term and updated derivation
15: F ← Update(F , s, i, w)
16: if w is a complete mapping then
17: return (True, w)
18: end if
19: end if
20: end for
21: end for
22: // If current trace term matches the initial state of G, update frontier
23: if Test(s, i, ∅) = True then
24: F ← Update(F , a0, i, ∅)
25: end if
26: end for
27: return False

on lines 2 – 7, which specify the core primitives of the algorithm. The first
definition is of Γ , the sort of element found in F . Γ corresponds to mappings from
states in G to pairs of trace indices and substitutions (e.g. partial witnesses).
The substitution in this pair unifies the term associated with the state with
the trace element indexed by the first component. For example, if γ ∈ Γ , then
T(γ1

a) matches γ2
a(α(a)). By defining Γ in this way, the algorithm can build

a full set of possible partial witnesses as it enumerates a trace, and return a
complete witness if a match exists; no approximation is necessary. Notice the
correspondence between this definition of Γ (and thus F) to the frontier used
in traditional NFA matching: partial witnesses represent possible intermediate
states as G is matched with T.

The second definition is of Test, on line 5. This definition is a formal re-
statement of the dependence relation stated in Definition 3. When Test(s, i, w)
is applied, all predecessors of s in G are checked, according to the mappings
in the given witness w, for satisfaction of the dependence requirement stated in
Definition 3. The expression is True iff the requirement holds for all predecessors
of s. The final definition, Update(F , s, i, w), extends the witness w with a map-



ping from state s to trace element T(i), and the substitution σ that makes it
possible. Notice that this definition of F does not drop or replace elements, but
only adds new elements that are extensions of existing ones. This is equivalent
to allowing the algorithm to backtrack, and is the source of the algorithm’s com-
plexity. If partial witnesses were dropped once their frontiers were all matched,
it would make the algorithm “greedy”, as backtracking would become impossi-
ble. However, it would also make the algorithm unsound, as it would open up
the possibility for a trace to “trick” the algorithm into going down a particular
path, which never leads to a full witness, and then pursuing an alternate match-
ing path from midway through the original path. The corresponding technical
report [8] describes this issue in more depth.

The rest of Algorithm 1 works by scanning the behavior trace T from begin-
ning to end, one element at a time. For each trace element, each frontier element
is enumerated (line 10), and an attempt is made to match the trace term to a
term corresponding to the next matchable states of the frontier element (line
13). When the algorithm starts, the frontier is empty, so the matching on line
23 attempts to pair trace terms with the initial state in G. If the initial-state
matching succeeds, then the frontier is updated (line 24) to reflect this partial
matching. In subsequent iterations, an attempted match between the latest trace
term T(i) and each element in the frontier (line 15) is made, and if successful,
the frontier is extended (line 15). This is continued until a complete witness is
constructed, at which point the algorithm returns True (line 17).

Proposition 2 The worst-case complexity of Definition 1 is O(|A|MD|T|) in
time and O(D|T|) in space, where D is the maximal out-degree for any state in
a given behavior graph G and execution trace T, and M is the maximum time
needed to match terms in T (Σ, V ).

The operation of reference in Proposition 2 is the term matching between terms
on states in G and events in T. Note that because our term alphabet is finite,
there is a hard upper bound on term size, and thus on the complexity of term
matching. The technical report has a proof of soundess and completeness for
Definition 1, as well as a proof of Proposition 2.

Sound Approximation Algorithms. The worst-case time and space com-
plexity of Algorithm 1 make it a poor fit for many applications, particularly those
involving long-running applications. In this section, we discuss approximation al-
gorithms that mitigate this issue. We are only interested in sound approximation
algorithms that never fail to detect a matching trace, but may spuriously decide
that a benign trace matches a behavior graph. This property maintains the cru-
cial guarantee that the algorithm will detect all attacks defined by the behavior
graphs. We view this as the most important property that a behavior matching
algorithm can possess, provided that the false positive rate is not unreasonably
high.

The first approximation algorithm is obtained by re-defining the primitives
F , Test, and Update in Algorithm 1; the formal definitions of the primitives for



this approximation algorithm are given in the technical report [8]. It performs
matching by maintaining a memory, for each state in G, of terms from T that
may be matched to that particular state. If at any point a substitution exists
that matches a frontier element to a trace element, the algorithm considers each
predecessor s′ of s, and checks the memory for each one to determine whether
previous trace terms satisfy the dependencies needed to match T(i) to α(s). If
so, then the frontier is updated with the new matching between s and T(i), and
the next trace event is considered.

The imprecision in this algorithm comes from the fact that the frontier does
not record partial witnesses, but instead only local history with respect to each
states in G. This means that Test might consult substitutions that would belong
to multiple distinct partial witnesses in the exact algorithm, thus incorrectly
concluding that all dependence constraints are satisfied when a single witness
that satisfies all constraints does not exist. While this can lead to false positives,
note that if a true witness does exist, then Test will effectively find it, so there can
be no false negatives. This is related to existential abstraction, which describes
the relationship between these approximate primitives, and the exact ones listed
in Algorithm 1.

The next proposition guarantees that the amount of work required by the
algorithm on receiving a new trace element is at most linear in the size of the
behavior graph, length of the execution trace,and maximum term size of Σ.

Proposition 3 When the approximate primitives are used in Algorithm 1, each
iteration of the main loop is O(iM |A|), where i is the current index into T and
M is the maximum time needed to match terms in T (Σ,V ).

Note that Proposition 3 implies that the algorithm has a worst-case time com-
plexity that is linear in |T||A|. The worst-case space complexity is O(|T|), as
the frontier requires exactly one entry for each trace term.

We now present an approximation algorithm that uses Bloom filters [4] to
record possible matchings between states in G and terms in T. Intuitively, a set
of Bloom filters is kept for each argument of each term in the image of α. As trace
terms are matched to states, the corresponding substitutions for arguments are
added to the filters, and later consulted when dependencies are matched. This
algorithm has linear complexity with a very low coefficient (see Proposition 4),
but at the cost of increased false positives due to the overapproximation of the
Bloom filters. We represent the domain of Bloom filters by the symbol B. The
algorithm is obtained by substituting the following primitives in Algorithm 1:

– Γ = (A 7→ (Z+ 7→ P(B)), A). The first component of an element in Γ is a
mapping from states to a different set of mappings, that contain an over-
approximation for each term argument previously bound to the state. Note
that the structure used for this overapproximation (the range of the mapping
Z+ 7→ P(B)) is a set of Bloom filters, rather than a single Bloom filter. We
override the default Bloom filter union operation to add a new filter to this
set when the probability of encountering a false positive in the filter exceeds



φ. Similarly, the membership query operation must be overridden to check
all filters in the set to maintain soundness.

– Test(s, i, w) returns True whenever:

∀(s′, s) ∈ E. ∀0 ≤ j ≤ arity(α(s′)).∃f ∈ w1
s′(j).

[args(α(s′), j) 7→ f ](βs′,s(α(s))) matches T(i)

In other words, the Bloom filters associated with all predecessors of s are
checked for elements that satisfy the needed dependencies.

– Update,

Update(F , s, i, w) = F − {w}∪
(w1[s 7→ δs], w2 ∪ {a : (a, s) ∈ E})

where
δs(k) = w1

k ∪ args(α(s), k)

In other words, all of the Bloom filters associated with s are updated to
reflect the arguments of T(i), and the old w is removed from F .

We note that it is not strictly necessary to use a set of Bloom filters for each
argument, particularly when the length of the inputs are known in advance, and
the parameters of the Bloom filter can be configured to avoid false positives.
This has the benefit of producing a constant-time algorithm in the size of the
input trace. In many cases, however, it is not possible to determine a bound on
trace length in advance. By using an unbounded set of Bloom filters to represent
each argument, the algorithm overcomes the risk of encountering an explosion of
false positives when the trace length exceeds the parameters of each individual
Bloom filter. This is accomplished by overriding the union and membership query
operations over filters in the definition of Test and Update, essentially tracking
the number of entries inserted into each filter, and creating a new one when the
probability of encountering a false positive rises above a user-specified value φ.
When the history is consulted to establish a dependence, each of these filters
must be checked to maintain soundness, and the number of the filters is a linear
function of |T|, thus the linear complexity in trace length.

Proposition 4 The number of Bloom filters needed to maintain a false positive
rate of at most φ is O

(
−2|T|k/2(b− 1)ln(1− φ1/k) + k

)
, where k is the number

of hash functions used in the Bloom filters, and b is the number of bits.

Proposition 4 tells us that the complexity of the algorithm grows very slowly
in the length of T. Recall that the algorithm’s complexity depends on |T| only
insofar as the number of Bloom filters needed to maintain a false positive rate of
no more than φ must be checked each time a new trace element is encountered.
Proposition 4 tells us that this dependence is linear, with the given coefficient.
Because the logarithm function has an asymptote at zero towards negative in-
finity, −k/(b − 1)ln(1 − φ

1
k ) shrinks rather well in b and k, leaving the linear

coefficient quite small. For example, devoting one megabyte of memory to the



Bloom filter (b = 8, 388, 608) and using k = 100 hash functions, the coefficient
is approximately 2× 10−6 for a false positive rate of no more than 1%. Needless
to say, this is an impressive performance characteristic for a small amount of
memory and imprecision.

4 Experimental Results

We performed experiments to determine the run-time characteristics of each of
the algorithms presented in Section 3, in addition to the false positive rates
of the approximation algorithms. We also implemented a reduction of behavior
matching to SAT constraints (details in the technical report [8]), in order to
evaluate the feasibility of using an off-the-shelf solver [7] for real instances of the
problem. Our results are encouraging:

– The approximation algorithms perform significantly better than the exact
algorithm; on our set, they performed 17.3 and 21.6 times faster (for the first
and second approximation algorithms discussed, respectively), on average.

– The false positive rate of the approximation algorithms is not excessive: 7.3%
and 9.1%.

– The SAT constraints corresponding to our data set are quickly solved by
modern solvers, requiring 0.18 seconds to solve an instance, on average. How-
ever, generating the constraints generally requires a substantial amount of
time and space: we observed on average 65.6 seconds and approximately 106

constraints for 120 second execution traces.

These results demonstrate the practical value of our algorithms.
We collected behavior traces from 70 applications (both known malware and

common desktop applications), and matched them against ten behavior graphs
mined from a repository of behavior data using simulated annealing [9]. The
behavior traces are composed of system call events, along with detailed data
and annotations about the arguments of each event; for an in-depth account of
our behavior collection mechanism, consult our previous work [9, 13]. We ran all
experiments on a quad-core workstation, with 8 gigabytes of main memory. For
experiments involving Bloom filters, we utilized the pybloom library, with a low
false positive probability (φ = 1%) and a moderate number of bits (b = 4, 000).

The first noteworthy result we obtained is that the exact behavior matching
algorithm presented in Definition 1 is significantly slower than both approxi-
mation algorithms, as well as the reduction to SAT constraints. On average,
the precise algorithm required 31.35 seconds to complete, compared to 1.84 and
1.47 for the first and second algorithms discussed, respectively. The runtime
overhead, which in this case corresponds to the amount of time taken by the al-
gorithm taken as a percentage of the trace execution time,of the exact algorithm
amounts to 26%, compared 1.5% and 1.2% for the approximation algorithms.
Furthermore, 2% of the instances given to the precise algorithm timed out after
45 minutes. This confirms our suggestion that existing algorithms for behav-
ior matching, which are purported to resemble Algorithm 1, have much higher
complexity than previously thought.



Of the reduction to SAT, we found that while the instances can generally be
solved quickly (more quickly than all of our algorithms, in fact), the constraint
systems for an instance also grow quickly, and take a non-trivial amount of time
to generate. In other words, the reduction to SAT is not yet suitable for run-
time behavior matching, but may be ideally suited to off-line forensic analysis
where exact solutions are required. We solved instances of SAT constraints using
Minisat [7], which required on average 0.18 seconds to complete. We take this
result as indication that it is common to encounter behavior matching instances
that are “easy” in some sense. The running time of constraint generation on
our dataset is distributed bimodally, with means at 16.6 seconds (87% of sam-
ples) and 883.7 seconds (6% of samples), and 7% timing out after 1 hour. This
means that for the “easy” cases, the runtime overhead of constraint genera-
tion is approximately 14%, but for the “hard” cases, it is approximately 733%.
The number of clauses in the constraint system has a similar bimodal distribu-
tion, with means at 6.7 × 105 (89% of samples) and 1.1 × 107 (4% of samples)
clauses. If we assume that each clause takes 5 bytes of memory (a conservative
underapproximation), then this means that on average, running an application
for 120 seconds generates 3 megabytes of constraint data for easy cases, and
52 megabytes for hard cases; clearly, even for easy cases this does not scale to
long-running applications.

Finally, we studied the false positive rates of the approximation algorithms,
using the results of our precise algorithms (both Algorithm 1 and the SAT re-
duction) as ground truth. We found the rates to be reasonable: 7.36%, 9.13%
for the first and second algorithms discussed, respectively. For the exceptionally
low overhead produced by these methods (1.5% and 1.2%), we assert that this
is an acceptable trade-off.

5 Related Work

Several abstractions with similarities to behavior graphs have been previously
studied. Neven et al. studied both register and pebble automata [14] (RA and
PA, respectively), which are two generalizations of traditional FSA to infinite
alphabets. They conclude that PA is a more natural extension of FSA to infinite
alphabets, but we do not see a way to encode a behavior graph as either formal-
ism. The main issue is the bounded number of pebbles (or registers), which must
be used to calculate dependencies; because a graph state may need to be tem-
porarily matched to an unbounded number of trace events, the bounded number
of pebbles (or registers) will cause the matching algorithm to drop history.

Another related formalism that has recieved attention is tree automata [5],
which operate over ranked alphabets. Behavior graphs cannot be reduced to tra-
ditional finite-state tree automata for two reasons: dependencies between sub-
terms cannot be represented, and the set of initial states in the automaton must
be finite, whereas the execution traces that serve as inputs are unbounded, and
would therefore require an infinite set of possible initial states. Extensions of tree
automata involving dependence relations between subterms have been studied



([5] Chapter 4), but not their extension to infinite-state automata, which would
be required for direct application to the problem of behavior matching.

Behavior matching has seen mention in the system security literature fre-
quently in recent years. Perhaps the most compelling account is due to Kol-
bitsch et al. [12]. In this work, the authors describe behavior specifications that
are nearly identical to those formalized in this paper, with nearly arbitrary data
dependencies between events. An algorithm for matching execution traces to
these specifications is alluded to, but a precise description of this algorithm is
not given, much less an analysis of its complexity. The same notion of behavior
and matching seems to be operative in other work by the same authors [2, 6].
However, the technique is pitched as efficient throughout the work, and reported
overheads typically range around 5%. Given the strong connection between our
notion of behavior matching and that presented by Kolbitsch et al., these re-
sults diverge significantly from the theoretical results presented in this paper,
as well as the observed performance characteristics of the sound and complete
algorithm.

Sekar and Uppuluri [17] discuss the use of extended finite-state automata
(EFSA) in intrusion detection. EFSA bear resemblance to the behavior graphs
discussed in this paper insofar as they allow general data dependencies (including
equality), but the authors do not attempt to formalize the computational model
that these dependences may adopt. An algorithm for run-time matching of EFSA
is given, and the authors claim that the amount of work on receiving an event
is O(N), where N is the number of states in the EFSA. This conflicts with our
results. However, this claim is given without proof, and seems to be predicated
on the assumption that the algorithm needs only remember a bounded number
of possible matching configurations (the authors state this assumption in the
description of their algorithm). This indicates that their algorithm is a greedy
version of Definition 1, and therefore unsound; this conclusion is backed by the
complexity results presented in Section 3.

Tokhtabayev et al. describe a behavior matching scheme based on colored
Petri nets [18]. The formalism used to describe behaviors shares nearly all of
its salient features with our notion of behavior, including complex data depen-
dencies. The performance overheads they report fall below 5%, but the com-
plexity of their matching algorithm is not discussed, and a formal description
of the algorithm is not given due to “limitations.” There are several other ac-
counts of behavior matching involving data dependencies in the security litera-
ture [9, 11, 13, 15, 16, 21] that use notions of behavior for various ends. There
is also work that formalizes software behaviors in terms of events without ac-
counting for data dependencies [3]; this work is interesting in contrast to ours,
the simpler notion of behavior may be more suitable for certain applications.

6 Conclusion

In this paper, we presented a formulation of behavior matching that encom-
passes most of those seen in the literature, and demonstrated the problem is



NP-Complete. We proceeded to give two exact algorithms for solving the prob-
lem, presented two approximation algorithms, and demonstrated that they can
be used to find accurate solutions to real instances of behavior matching. In the
future, it will be important to determine whether real applications of behavior
matching can be made to fit into a tractable subclass of the general problem
presented here.
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