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Abstract

Weighted Fair Queueing has received a lot of at-
tention in the research community recently. In fact,
the IETF has proposed to use WFQ as a basic build-
ing block for future integrated services networks. The
reason for such a great interest is that it closely ap-
proximates a hypothetical flurd model discipline called
Generalized Processor Sharing (GPS), which provides
a conceptually ideal building block for integrated ser-
vices network. There s a general misconception that
WFQ@ provides almost identical service to GPS with
a mazimum difference of one packet, thus it s an
tdeal and practical replacement for GPS. This is a mis-
interpretation and over-generalization of Parekh’s re-
sult that the delay bound provided by WFQ s within
one packet transmission time of that provided by GPS.
In this paper, we will show that, contrary to popu-
lar belicf, there could be large dzscrepanczes between
the services provided by the packet WFQ system and
the fluud GPS system. The inaccuracy introduced by
WFQ in approzimating GPS are detrimental to both
real-time and best-effort traffic in a network with hi-
erarchical link-sharing service. In addition, WFQ has
a relatively high complexity which make it difficult to
tmplement. We propose two new algorithms and show
that they overcome the limitations of WFQ. Simula-
tion results are presented to demonstrate the advan-
tages of the new algorithms.

1 Introduction

Future integrated services networks [6, 8, 16] will
support multiple services that include guaranteed real-
time service, predicted real-time service, best-effort
service, and others. In addition, it needs to support
link-sharing [9], which allows resource sharing among
applications that require different network services but
belong to the same administrative class. Consider the
example shown in Figure 1 (a). There are 11 agencies
or organizations sharing the same output link. The
administrative policy dictates that Agency Al gets at
least 50% of the link bandwidth when the network
is overloaded. In addition, to avoid the starvation of
best-effort traffic, from the 50% bandwidth assigned
to A1, best-effort traffic should get at least 20% band-
width. It is important to design mechanisms to meet
the goals of link sharing and requirements of different
service classes simultaneously.
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Recently, Weighted Fair Queueing or WFQ has re-
ceived much attention. WFQ is a packet approxima-
tion algorithm of the hypothetical Generalized Proces-
sor Sharing discipline. With GPS, there is a separate
FIFO queue and a pre-specified service share for each
session sharing the same link. During any time inter-
val when there are exactly N non-empty queues, the
server services the N packets at the head of the queues
simultaneously, in proportion to the service shares of
their corresponding sessions.

The link-sharing structure in Figure 1 (a) can be
easily supported by a hierarchical GPS (H-GPS) as
illustrated in Figure 1 (b). In addition, it has been
shown that with a one-level GPS (1) an end-to-end
delay bound can be provided to a session if the traf-
fic on that session is leaky bucket constrained [12];
(2) bandwidth is fairly distributed to competing ses-
sions [7] and sources can accurately estimate the avail-
able bandwidth to them in a distributed fashion [11].
The first property forms the basis for supporting the
real-time traffic [6] and the second property enables
robust and distributed end-to-end traffic management
algorithms for best-effort traffic [11, 14]. Having a hi-
erarchical GPS affects only the distribution of excess
bandwidth unused by each subclass, but not the other
two properties. Therefore, the simple H-GPS configu-
ration in Figure 1 (b) supports the three goals, namely,
link-sharing, real-time traffic management, and best-
effort traffic management.

The above example shows that GPS is an ideal
building block for integrated services network. Since
GPS is a hypothetical fluid system that can not be
implemented in real world, packet algorithms that ap-
proximate GPS have been proposed.

Among them, WFQ is the most well-known algo-
rithm. Parekh’s seminal work [12] shows that in the
absence of link-sharing, the end-to-end delay bound
provided by Weighted Fair Queueing (WFQ) [7, 12],
which is the standard packet approximation algorithm
of GPS, is very close to that provided by GPS. While
WFQ maintains the bounded delay property of GPS,
its fairness property is much weaker than GPS. As
we will demonstrate in this paper, WFQ can intro-
duce substantial inaccuracy in approximating GPS.
We will show that such inaccuracy will significantly
affect best-effort traffic management, real-time traffic
management, and link-sharing algorithms.
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Figure 1: A Link Sharing Example

2 Limitations of WFQ
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Figure 2: Packet Arrivals

Weighted Fair Queueing (WFQ) [6, 7], also known
as the Packet-by-Packet Generalized Processor Shar-
ing [12], is the most well-known packet approximation
algorithm for GPS. In WFQ, when the server is ready
to transmit the next packet at time 7, it picks, among
all the packets queued in the system at 7, the first
packet that would complete service in the correspond-
ing GPS system if no additional packets were to arrive
after 7.

Parekh established the following important result
on the services provided by WFQ and GPS: the delay
bound provided by WFQ is within one packet trans-
mission time of that provided by GPS [12]. This re-
sult forms the basis for providing real-time service us-
ing WFQ. In fact, within Internet Engineering Task
Force, the standard body for Internet, WFQ has just
recently been proposed as the reference server model
for the guaranteed service class in the Internet [13].
However, this result can easily be mis-interpreted to
state that the packet WFQ discipline and the fluid
GPS discipline provide almost identical service except
for a difference of one packet.

Contrary to this popular (but incorrect) belief, we
will demonstrate below that there could be large dis-
crepancies between the services provided by WFQ and

GPS. In addition, we will show that such a large dis-
crepancy significantly affects WFQ’s fairness property,
which are essential for the link-sharing algorithm and
the end-to-end traffic management algorithm for best-
effort service.

2.1 Inaccuracy of WFQ

Consider the example illustrated in Figure 2 where
there are 11 sessions sharing the same link. The hor-
izontal axis shows the time line and the vertical axis
shows the sample path of each session. For simplicity,
assume all packets have the same size of 1 and the link
speed is 1. Also, let the guaranteed rate for session 1
be 0.5, and the guaranteed rate for each of the other
10 sessions be 0.05. In the example, session 1 sends 11
back-to-back packets starting at time 0 while each of
all the other 10 sessions sends only one packet at time
0. If the server is GPS, it will take 2 time units to ser-
vice each of the first 10 packets on session 1, one time
unit to service the 11'* packet, and 20 time units to
service the first packet from another session. Denote
the k*? packet on session j to be p}“, then in the GPS
system, the starting time is 2(k—1) for p¥ k= 1...10,
21 for pi!, and 20 for pjl»,j = 2-.-11. This is shown in
Figure 3 (a). Under WFQ, since the first 10 packets

on session 1 (p¥,k = 1...10) all have GPS finish times
smaller than packets on other sessions, the server will
service 10 packets on session 1 back to back before
service packets from other sessions. After the burst,
the next packet on session 1, pl!, will have a larger
finishing time in the GPS system than the 10 pack-
ets at the head of other sessions’ queues, therefore, it
will not be serviced until all the other 10 packets are
transmitted, at which time, another 10 packets from
session 1 will be serviced back to back. This cycle
of bursting 10 packets and going silent for 10 packet
times can continue indefinitely.

As will be discussed below, this oscillation of service
rate will significantly impact both (a) delay bounds for
real-time traffic when there is hierarchical link sharing;
and (b) traffic management algorithms for best-effort
traffic.

The reason for this poor behavior of WFQ is that
the amount of service WFQ provides to a session can
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Figure 3: Inaccuracy of WFQ in Approximating GPS

be much larger than that provided by GPS during
certain period of time. In the above example, between
time 0 and 10, WFQ serves 10 packets from session 1
while GPS serves only 5. After such a period, WFQ
needs to serve other sessions in order for them to catch
up. Intuitively, the difference between the amounts of
service provided to each session by WFQ and the GPS
is a measure of inaccuracy of WFQ in approximating
GPS. Therefore, the inaccuracy introduced by WFQ
is not merely one packet, but N/2 packets, where N
is the number of sessions sharing the link.

2.2 Impact of Inaccuracy on Link-Sharing
an a- im Sr ic

While the delay bounds provided by WFQ and GPS
are very similar without link-sharing, they can dif-
fer significantly with link sharing because of the large
inaccuracy introduced by WFQ. Thus, the real-time
service will be negatively affected by WFQ due to the
much larger delay bounds.

Consider the example with a link sharing structure
in Figure 1 (a) and the packet arrival sequence in Fig-
ure 2. Assume that WFQ discipline is used instead of
GPS and the first 10 packets of class Al belong to the
best-effort sub-class and the 11** packet belong to the
real-time sub-class. Even though the real-time sub-
class of Al reserves 30% of the link bandwidth, when
a real-time packet arrives, it may still have to wait
at least 10 packet transmission times. ow consider
the example where there are 1001 classes sharing a
100  bps link with the maximum packet size of 1500
bytes. For a real-time session reserving 30% of the
link bandwidth, its packet may be delayed by 120 ms
in just one hop

On the other hand, if GPS is used, the end-to-end
delay bound provided to each real-time session will
be the same regardless whether there is link-sharing.
Having a hierarchical GPS affects only the distribution
of excess bandwidth unused by each subclass, but not
the worst-case performance bounds for each session.
In contrast, having a hierarchical WFQ will signifi-
cantly affect the worst-case performance guarantees
for each session, and the delay bound provided to a ses-
sion by a hierarchical WFQ server can be much larger

than that provided by a hierarchical GPS server.

The reason that hierarchical WFQ introduces a
large delay bound for real-time traffic is that some
packets related to the real-time session have received
more service than deserved in the previous time pe-
riod. In the case of a non-hierarchical server, these
packets must belong to the same session; in the case
of a hierarchical server, these packets may belong to
sessions that share a subtree with the session. In the
example above, when the real-time sub-class of Al
traffic is not present in the system, the packets from
the best-effort sub-class of Al not only can consume
all the bandwidth reserved for class Al in the cur-
rent time period, as dictated by the hierarchical link-
sharing policy, but also can get ahead and use band-
width that are reserved for the future traffic. When
a real-time sub-class packet from class Al shows up,
the total available bandwidth available to class Al is
in deficit, therefore, it has to wait for a long time pe-
riod during which traffic from other classes can catch
up with their fair service shares. Such a problem does
not exist for GPS as no session can get more band-
width than its fair share at any given time.

2. Impact of Inaccuracy on F ack-
a gorithm

While accurate estimation of bandwidth available
for each source in a dynamic network environment is
a pre-requisite for an efficient and robust feedback-
based traffic management algorithm, the oscillation of
service rates introduced by the inaccuracy of WFQ will
significantly affect the rate estimation algorithm and
result in instability of end-to-end control algorithms.
This is true for both rate-based and window-based flow
control algorithms.

In [11], eshav proposes a rate-based algorithm
called Packet-Pair for estimating the available band-
width for a source. In the packet-pair algorithm, the
source sends two back-to-back probe packets and the
receiver sends acknowledgement packets immediately
upon receiving each packet. The source then uses
the spacing between the two acknowledgement pack-
ets to calculate an estimate of the bottleneck server
rate available to the session. In the example above,
if the WFQ algorithm is used, the estimated available
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Figure 4: Upper and Lower bounds of measured rate
for session 1

rate to session 1 will oscillate between full link speed
and zero link speed. This is likely to cause instability
of the source control algorithm.

To address the problem of measurement errors
by the Packet-Pair algorithm, ernstein proposes an
enhancement of inserting data packets between the
packet-pairs [3]. Even with such an enhancement, the
measurement error still persists as shown in Figure 4.
Depending whether the two probe packets are sent
during the burst period or the silent period, the es-
timate of the server rate may range from to —

1
where  is the number of other sessions. In partic-
ular, the bound on the measurement error is not a
strictly decreasing function of the number of packets
in the measurement interval.

For window-based flow control algorithms such as
TCP, the stability of the algorithm depends on the ac-
curate measurement and robust estimation of Round
Rrip Times (RTT’s). RTT measured by the source
will be modulated by the available rate to the session,
therefore will also oscillate significantly in this exam-
ple.

2. Quantifying Inaccuracy ing Wor t-

ca Fair In

We have shown that WFQ can introduce signifi-
cant inaccuracy in approximating GPS, and this inac-
curacy can be detrimental to both real-time and non-
real-time traffic in a hierarchical link-sharing environ-
ment. In this section, we propose to use a metric called
Worst-case Fair Index (WFI) to characterize the fair-
ness property of Packet Fair Queueing (PFQ) servers.

server is said to guarantee a Time
Worst-case Fair Index (T-WFI) off for session
iof for any time 7, the delay of a packet arriving at T

is bounded above by L (1) , that is,

E_ ok ("

(1)

where  is the throughput guarantee to session (1)
is the number of bits in the session wueue at time T

(including the packet that arrives at time 7), * and

k are the arrival and departure times of k** packet of
sesston  respectively.

We call the Time Worst-case Fair Index (T-
WFTI) for session at server at it characterizes the
worst-case fair property in unit of time. As discussed
in [1] WFI can also be represented in unit of bits. In-
tuitively, represents the maximum time a packet
coming to an empty session queue needs to wait before
start receiving its guaranteed service rate. An impor-
tant observation is that both GPS and H-GPS have a
WFIof 0. That is, with GPS or H-GPS, a packet com-
ing an empty session queue can receive its guaranteed
service rate immediately after its arrival. However, as
we see in the example shown in Section 2, the T-WFI
for WFQ can be quite large. In fact, it has been shown
in [2] that the WFI for WFQ can increase linearly as
a function of the number of sessions sharing the link.

In [1], we have shown that the delay bound that can
be guaranteed by a Hierarchical Packet Fair Queue-
ing server to session is a increasing function of T-
WEFT of the Packet Fair Queueing servers in the hier-
archy. To achieve a tight delay bound in a hierarchical
server, the root or intermediate Packet Fair Queue-
ing server in the link-sharing hierarchy needs to have
small WFI’'s. WFQ has a large WFI, therefore, the
delay bound provided by H-WFQ is rather large.

2. Imp m ntation omp ity of WFQ

An implementation of WFQ based on a virtual
time function () is proposed in [7, 12]. When
a packet arrives, it is stamped with a virtual finish
time. Packets are transmitted in the increasing order
of virtual finish times. There are two types of cost as-
sociated with such an implementation: sorting packets
and computing (). To pick the packet with the
smallest virtual finish time, a sorted priority based on
packet’s virtual finish time needs to be maintained.
This has a complexity of O(log( )), where N is the
number of sessions sharing the link. While a number
of implementation techniques have been proposed to
speed up the sorting [4, 5], it is unclear how to com-
pute (+) efficiently. The crux of the problem is
that the virtual service function needs to keep track of
the process of the GPS. In a fluid system, a server can
serve packets from all backlogged sessions simultane-
ously, it is possible that all  packets finish service
within an arbitrary short period of time, which means
that in the worst case the scheduler needs to process
N events for a single scheduling decision. This makes
WFQ difficult to implement at high speed.

WF Q and WF Q

In Section 2, we have shown that WFQ has two im-
portant limitations that make it inadequate to be the
basic building block for integrated services networks:
first, it introduces significant inaccuracies in approx-
imating GPS. Second, it has a high implementation
complexity due to the need of emulating GPS.



In [1, 2], we propose two new packet approxima-
tion algorithms of GPS that overcome the limitations
of WFQ. The Worst-case Fair Weighted Fair Queue-
ing (WF Q) is an optimal packet algorithm in terms
of accuracy in approximating the fluid GPS the
service provided by WF Q is almost identical to that
of GPS, differing by no more than one maximum size

packet. The WF Q algorithm maintains all the im-

portant properties of WF Q, but has a lower degree
of complexity.
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Figure 5: WF Q Service Order

In a WF Q system when the next packet is cho-
sen for service at time 7, rather than selecting it
from among all the packets at the server as in WFQ,
the server only considers the set of packets that have
started (and possibly finished) receiving service in the
corresponding GPS system at time 7, and selects the
packet among them that would complete service first
in the corresponding GPS system. If we consider again
the example shown in Figure 2,

ow consider again the example discussed in Fig-
ure 2 but with WF Q policy. at time 0, all packets
at the head of each session’s queue, p', =1, .-, 11,
have started service in the GPS system (Figure 3 (a)).
Among them, p! has the smallest finish time in GPS,
so it will be served first in WF Q. At time 1, there
are still 11 packets at the head of the queues: p; and
pl, =2,---,11. Although p, has the smallest finish
time, it will not start service in the GPS system until
time 2, therefore, it won’t be eligible for transmission
at time 1. The other 10 packets have all started ser-
vice at time 0 at the GPS system, thus are eligible.
Since they all finish at the same time in the GPS sys-
tem, the tie-breaking rule of giving highest priority to
the session with the smallest number will yield p' as
the next packet for service. In contrast, if a WFQ
server is used, rather than selecting the next packet
from among the 10 packets that have started service
in the GPS system, it would pick the packet among
all 11 packets, which will result in packet p; . At time
3, p; becomes eligible and has the smallest finish time
among all backlogged packets, thus it will start service
next. The rest of the sample path for the WF Q sys-

tem is shown in Figure 5. The inaccuracy introduced

by WF Q in this example is one packet.
In general, the following holds.

the difference of services provided by WF Q and
GPS is bounded by one maximally sized packet;

for a leaky bucket constraint source, a WF Q sys-
tem provides the same end-to-end delay bound as
a corresponding WFQ system

Since any packet system will introduce an inaccuracy
of at least one packet, this means that WF Q is the
optimal packet algorithm in terms of accuracy in ap-
proximating GPS. In addition, the normalized T-WF1
for WF Q is the service time of one maximum size
packet. Since the normalized worst-case fair index for
a packet system is at least one packet transmission
time, this means that WF Q is also an optimal packet
policy with respect to the worst-case fair property.
While WF Q is the most accurate packet algorithm
to approximate GPS, it still has the same implementa-
tion complexity as WFQ. The key problem is that both
WF Q and WFQ need to compute (), which
is equivalent to emulating the GPS system. In [1],

we introduce a refined algorithm called WF Q

WF Q differs from WF Q in that it computes a vir-
tual time function () without emulating GPS.

With WF Q | the virtual time function is defined
as follows,

max( () min

where () is the set of sessions backlogged in
the WF Q system at time ) is the sequence

number of the packet at the head of the session ’s

queue, and " is the virtual start time of the packet.
otice that the computation of the virtual time func-
tion does not need the emulation of GPS.

A number of algorithms have been proposed to ap-
proximate () without explicitly emulating GPS,
for example, the Self-Clocked Fair Queueing (SCFQ)
[10] and the Framed ased Fair Queuing [15]. How-
ever, none of them achieves enough accuracy and the
resulted Packet Fair Queueing algorithms have large
WFT’s.

WF Q has the following set of salient properties of

WFQ .1t

provides the tightest delay bound among all PFQ

algorithms (so does WFQ and WF Q, but not
SCFQ);

has the smallest WFI among all PFQ algorithms
(so does WF Q, but not WFQ or SCFQ);

having relative low implementation complexity

of O(log( ) (so does SCFQ, but not WFQ or
WF Q);



needs only per session instead of per packet times-

tamp (so does SCFQ, but not WFQ or WF Q);
and is work-conserving.
We refer the reader to [1] for the details of the proof.

imu ation rim nts

In this section, we present results based on simu-
lation experiments to illustrate the impact of WFQ’s
inaccuracy on traffic management algorithms. For our
simulation experiments the service hierarchy used is
shown in Fig 6. Each node in the figure is labeled
as follows, the rate above the node is the guaranteed
service rate of the node. The value inside the node
represents the node’s guaranteed rate as a fraction of
it’s parent’s rate. If the node is a leaf node, the label
below identifies the session at that leaf, if the node is
an interior node, it has a reference label at its side.
For simplicity, all packets are 8

45Mbps

Figure 6: Hierarchical Service Allocation

In the simulations we will be interested in the ser-
vice received by sessions RT-1 and E-1. Real-time
session RT-1 is a deterministic on-off source. It trans-
mits at 9 bps with a 50 ms on period and 50 ms off
period. For session RT-1 we will be interested in the
delay and delay variation experienced. Session E-1
is a best effort session, running TCP?!. Session E-1
should be able to use the bandwidth guaranteed to
session RT-1, when RT-1 is idle. For session E-1,
we will be observing the interpacket spacing , to see if
the feedback received by the best effort session can be
used to determine the state of the network. The ses-
sions labeled PS-  are poisson sources transmitting at
150% of their guaranteed bandwidth. They act as a
set of persistently backloged connections, whose start
times are randomized. Sessions CS- are correlated
deterministics sources transmitting at 150% of their
guaranteed rate. These sessions are used to explore
the effects that can occur when even a small percent
of the total traffic is correlated.

Figure 7 (a) shows the packet delay experienced by
session RT-1 under a hierarchical WFQ server with
the service allocation illustrated in figure 6. Figure
7 (a) clearly shows that not only is the largest delay
experienced ( 24ms) much larger than the worst case

delay under GPS of “Bps = 7 , but that the

delay jitter is nearly as large.

Figure 7 (b) shows the inter-packet spacing of the
TCP acks for session E-1 that shares node 2 with
the real-time session RT-1. What we would expect to
see are spikes in the packet spacing every 100ms (on
the 100ms marks) which last for 50ms as the band-
width available to session E-1 is reduced during the
period when session RT-1 is active. During the periods
between the spikes the inter-packet spacing should be
relatively constant, as there are no other fluctuations
in the bandwidth available to session E-1. Instead
we see spikes that are much larger than expected, and
we see that the spikes do not correspond well with the
session RT-1 active periods. We also see a number of
instances of very small inter-packet spacing, indicating
the reception of back-to-back packets. This will result
in first the underestimation, then the overestimation
of bandwidth by a Packet-Pair like measurement tech-
nique.

Figure 8 shows the same experiment but using
WF Q instead. Comparing Figure 7(a) and Fig-

ure 8(b), we can see that the worst-case delay under

H-WF Q is much smaller than that under H-WF Q.

In Figure 8 (b) we see almost exactly the behavior
that we would expect, indicating that session E-1 is
receiving almost precisely the correct bandwidth at all
times. It is clear that the bandwidth available to E-1
could almost be estimated without doing any averag-
ing at all.  aking H-WF Q ideal for use with both,
data transport protocols which attempt to estimate
the available bandwidth, and real time traffic at the
same time.

In Figure 9, we repeat the same experiment again,
but with the other popular packet approximation of
GPS called Self-Clocked Fair Queueing, also known
as Chuck’s Approximation . We see in Figure 9 (a)
that the worst case delay seen by RT-1 is slightly
larger then when we used WFQ. ore strikingly, the
spikes in Figure 9 (b) are much larger then in Fig-
ure 7 (b), and there many more occurrences of back-
to-back packets. So we see that the oscillations expe-
rienced by both real-time and best-effort traffic under
H-SCFQ are slightly worse than under H-WFQ, and

much worse than under H-WF Q Showing that

H-WF Q is far better suited for use in integrated
services networks.
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ummar

While WFQ has been widely considered to be the
most accurate packet approximation algorithm for
GPS, we showed in this paper that there could be
large discrepancies between the services provided by
WFQ and GPS. The inaccuracy introduced by WFQ
can (a) significantly increase the delay bound for real-
time sessions under hierarchical link-sharing; (b) and
cause end-to-end feedback algorithms for best-effort
traffic to oscillate. We proposed to use a metric called
Worst-case Fair Index to characterize the accuracy
of a Packet Fair Queueing algorithm in approximat-

ing GPS. We presented two algorithms, WF Q and
WF @Q , which have the smallest WFI among all
Packet Fair Queueing algorithms. WF Q has the

added advantage in that it has a lower complexity than

WFQ and WF Q.
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